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AITANTHXEIX
OEMA A
Al. Oczopia oyorikov Biriov, cerida 33.
A2. Oceopio oyorkov Bipriov, cerida 41, opilovue o - B=
A3. o) (A), B) (), 7) (A), 8) (%), &) (2).
OEMA B
Bl. O ovvreleotnig dievBuvvong g evbeiag eletvon A, = —% Agdopévov 011 £/ /¢
EYOVME: A = A, = —g. Emopévag n e&icmon evbeiag § i omoia 01€pyeTon omd
9 , , : 3 .
0 A 2,—5 Kot €xel  ovvtereotny devbvvong A= 2 elvar:
9 3
- —-=|=——=+(x-2),
-(-3)--0-2
. , 9 3. 3
ondte 1GodLVOUL Y +§ = _ZX +—2 < 4y+18=-3x+ 6 3x+4y=-12
B2. 'Eva toyaio onpeio M(X,y) aviKel 6T peGOTApUAANAN €vbeia N Tov €, § av

Ko HOvo av:
~ |3x + 4y + 12{ | 3x+ 4y- 1P
R AN S e
< [3x+4y+13=|3x+ 4y- 1P
3X+4y+12= 3x+ 4y- 12 0% Oy— 24¢dvvartn
& M < M
3X+4y+12=—-3x— 4w 12 3 4y 0.
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H e&icwon 3x+ 4y= 0 erainBedeton pdévo amd ta onpeio Tov eTTESOL Y10 TO
omoia oyvet: d(M,L)=d(M,e). Apa 1 3x+4y=0 eivar 1 e&icwon g

necomapdAinAng evbeiog 0.

B - Tpémog Ioyveu n//ellL, apa X, =—3

4

Ondte n eClowon g pecsomapdAining Exel ) popen Yy = —%X +x, KeR,

omoia YPAPETAL 1G00VVOLLNL

3x+4y= 4«

. Av K, A, M 10 onueia 6mov ot

gvbeiec €, £ xon 1 avrictoya, TEpvovy Tov aova x'x, Td1e T0o M givarl pnEGo Tov

KA.

Evpeon tov K : {
y=0

Evpeon tov A:{
y=0

Evpe ov M:
pECT T { y=0

C Xg X,

3x+4y=12 {
=N

3x+ 4y=—12 {
&

X+ 4y =4 X
&

x=4
y=0

y=0
4

o |
y=0

_4-4

Xy = 5
M pnéco KA:

Ywm

_YetYa
2

X==4
. Omote A(-4,0).

. Omote K(4,0).

Omnorte M(4—; : Oj .

2 Xy =0
& , Gpa M(0,0).
{YMZO ( )

Omnote 4—; =0< k=0, emopévag 1 e€iocmwon g pecomapdAining n eivat:

3x+4y=0.
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x=0 x=0
B3. Znpueio topng g £:3x+ 4y=12 pe tov dova Yy'y: = :
3X+4y=12 y= 3
emopévog B(0,3). Znpueio topng g §:3x+ 4y=—12 pe tov aSova x'X
=0 =0
y =i , emopévag I'(—4,0) (eivon to A otov B tpomo
3x+4y=-12 X=-4
Mong tov By epotipotog). Yroroyilovpe T GLVIETAYHEVES TOV SIOVOGUATOV
AB xat AT . Eivox AB = (—2,1—25j kat AT = (—6,%) . Apa to gpfaddv tov
o B
, . 1 — —— 1 2 1
tpryc@vov eivar: (ABT') = —‘det( AB, AF)‘ == |==]-9+ 45= 18
2 2 6 9 2
2
OEMA I’
Il loper o Llp < a-p=0< (X4y)(-x,9= 0= =X+ 8y= 0= X= 8\
H tehevtaia eSicmon sivon e€icmon mopoafoinc pe atova cuppetpiog tov Y'Yy,
kopven v apyf O(0,0) kon mopapetpo p= 4. Enopévag E(Ogj 1 E(0,2)
Kot Oy = _P =—
'y = > S|y =-2|.
2
2.

i) Tlopoatnpodpue Ot TO onueio N(Xl,%j, X, # 0, avkel oV mapaPoln.

H e&icmon g epantopévig € otn napofoin eivar: X - X, = 4-(y+Y,), omov
(X,,Y,) T0 onueio emopig.
To A(1-1) ee,ondte oyver: X, =4(y, —1) & x,= 4y, - 4, (1)

2

Opowg y, = X—81 , apan (1) yiverow:

X2 x?
x1=4-§1—4<:> x1=71—4<:> 2% = X - 8=
x?—2x,-8=0, n omoia &yer Moelg X, =4, X,=-2. ['a X, =4 &ivoe

Y, =2, eved ya X, =2 glvan Y, =%,

¥10(4,2) 1 e&icwon epomropévng eivan &, : 4x=4(y+ 2) < | x— y— 2= Q.
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210 (—2,%) n elowon epamtopévig eivon

€, —2X= 4(y+%j<:> X+ 2y+ 1= Q.

i) Bpickovpe ta Srovdoporo, o1 = (1D / fe,, 8, = (-2,3) / ke, Eivau:
cLVO = 8152 =1'(_2)+1=_ 1 =_\/ﬂ)
‘81‘ ‘82‘ \/E\/g \/E 10

I'3.  To onueio B(X,,Y,) aviket ot mopaforf Gpa woyvet: X5 =8Yy,, (2).

Eriong d(B,3) = 10@M= 10 |y, +2/=10& y, =81y, =-12.

NOP+ 1
e Yy =—12 1 (2) yivetan x%=-96, adovorn. [a y, =8 1 (2) yiveta
X2 =64 X, =81 X4=-8. Aekt 1| X, =—8 Loy® thg VEOOeomg 611 X, < 0.
Apa B(-8,8). Eoto K 10 kévtpo tov {nrodpevov kokiov. Enedi BE

duapeTpog, tote 10 K péco tov BE. Xvvendg:
_ Xgt+Xg -8+0

Xy -4
e ? . Apa K (-4,5). Avp n axtiva Tov {ntovpuevov
Ve +Ye 8+2
— 7B E _ =5
=T T T

oKhov 6te: p=(KB)=1/(~8+4)° +(8- 5’ =/16r 9=/ 25 !

Emopévag n e&iomon tov kokhov etvon: C, 1(X + 4)2 +(y- 5)2 = 2t

OEMA A
Al.

2
X2+y?—20y—1= 0 X+ VP — Ay+ A= A% X+ (y—x)2=(\/1:m2) ,(2)

H (2) mopiotaver koxho pe kévrpo K(OL) kou axtiva p=+vA*+1, y1o k6Oe
reR.

Xnueiwon: To epommua 6o pmopodoe va Avbel pe v cvvONkn:
A?+B*-4T'>0,ue A=0,B=-2,I'=-1.
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A2.

)

Mo =0,m 1) ypheetar X* +y*—2-0-y—1= 0= X+ y¥= LTk =1,

n (1) ypéoeton x> +y*-2-1. y— 1= 0= X+ Y= I+ 2y. Ocwpodpe 10
x*+y?=1

X*+y?=1+2y

x*+y?=1 [x*+y*’=1 |[x’=1 [x=1_ x=-1
S 2SS S n :
0=2y y=0 y=0 y=0 y=0
Oa arodei&ovpue 6TL OAOL 01 KOKAOL TOVL TTapiotavel 1) (1), diEpyovtan omd Ta

onueia A(1,0) kou B(-1,0). Ipdypatt, av 6écovpe x =1,y =0 x=-1,y=0
N (1) emaAnOeveton yio kabe L e R.

GLOTN UL { , OTOTE:

‘Eoto M(X,y) toyaio onueio ¢ ntoduevnc epantopévng €, TOTe:
AM =(x -1,y -0)=(x-1,y),KA= (1-0,0-1)= (11
KA -AM =0 <(1,-4) -(x =1,y) =0 x—1-Ay=0.

N—

Xnueioon: To epotua Ba propodoe va Avbel Ppickovtag tnv eQoanTopEvn
¢ evbeia kabetn omv evbeio KA, mov digpyetan amd 10 onueio A. O
TPOTOG ATOC £XEL TO UELOVEKTNHA OTL yperdletan meptoptopudg A # 0, otav
vtoAoyilov e TOV GUVTEAEGTI) O1EVOLVGNC TG EPATTOUEVIC.

A3. H éhhewyn éxer eotieg A(1,0) kon B(—1,0),apa 2y = 21y = 1.

J2oo1 1

'Y_ _ _\/7 2 _ 2 2 2
—=— o —=—Sa=J2oa =2k B =a" -y =2-1=1.
o 2 o /2 P !

2 2 2 2
CREANNIR AR PEAN A |

o B 1

TA OEMATA ITPOOPIZONTAI I'TA AIIOKAEIXTIKH XPHXH THE ®PPONTIETHPIAKHY MONAAAX

XEAIAA: 5 ATIO 6

|




OMOZINONAIA

OMOZIIONAIA EKITATAEYTIKQN ®PONTIZETQN EAAAAOZX (O.E.®.E.) —EITANAAHIITIKA OEMATA

E

NOLZI1LNOGGdGO®

EITANAAHIITIKA OEMATA 2015
B ®ATH

S [e]

NOMILAIVIVUXI

E_3BMA20(0)

w
o
<
<
<
<
w

A4. To M givou kowvo onpeio Tov KHkAov kot TG ELAEWYNC.
To M eivan onueio g €rhewyng, dpa, oOueOve HE TOV OPIGUO
oyvet (MA) +(MB) =20, =22

Cy

3

To M eivon onueio tov KuKAov, dpa 1 amwdotost Tov armd to KEvipo K Oa
1600TON [LE TV aKTIVO. p TOV KOKAo, emopévac (MK) =p=+/A%+1 .
‘Eyovpe:

(MA) +(MB) =2(MK) <22 =2V A2+l /2=V12+1e 2=2%+ 1o
M =leh=19 A=-1
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